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PART  1: Review Comments 

 

 Reviewer’s comment Author’s comment (if agreed with reviewer, 

correct the manuscript and highlight that part in 

the manuscript. It is mandatory that authors 

should write his/her feedback here) 

Compulsory REVISION comments 
 

 

In the abstract, the authors claim that they ``complement 
and improve some known results in literature".  
However, both in the Introduction and in the Examples 
section the authors make absolutely no attempt to place 
their results in the context of known research. 
There are other papers on oscillation of mixed second 
order neutral difference equations, for example, [12-14].  
Why cannot be oscillation in Examples 4.1-4.4 established 
using the results of [12-14]? 
It is impossible to claim that ``we obtained several 
oscillation theorems which ensure that all solutions of 
(1.1) or (3.10) are oscillatory, therefore our results are 
new". 

 

Minor REVISION comments 
 

on Page 2, in (C3) the statement ``not eventually zero for 
many values of $n$" is not mathematically exact, on lines -
3-2: either ``criteria which imply" or ``criterion which 
implies" should replace ``criteria which implies". 
 
on Page 3, line 1: similarly, ``the natural question arises", 
not ``the natural question arise"; 
 
on Page 4, the first sentence in the statement of Lemma 
2.3 is grammatically incorrect. 
 
on Page 4, the first sentence in the statement of Lemma 
2.3 is grammatically incorrect. 
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Optional/General comments 
 

The paper is  technically incorrect. 
 
 
The paper is quite carelessly written, see below  
 
In the statement of Lemma 2.5, ``a sequence of positive 
real sequence" probably means ``a sequence of positive 
real numbers". In the proof of this lemma, it is impossible 
to understand what $\int_{w_N}^{w_n} \frac{d_s}{s^r}$ 
means and how the author(s) obtain the last inequality, I 
believe, with $\sum_{s=N}^{\infty} d_s$, not  
$\sum_{s=N}^{\infty} d_n$ in the left-hand side. 
However, the statement is incorrect, see the example 
below. 

 
Example. Let $\gamma=3=\frac{3}{1}$, $j=1$ and $$d_n 
= \frac{(n+1)^3-n^3}{(n+1)^3} 
=\frac{(n+1)^2+n(n+1)+n^2}{(n+1)^3}>\frac{1}{n+1}.$$ 
Since $\sum_{n=1}^{\infty} \frac{1}{n+1}=\infty$, we 
have $\displaystyle \sum_{n=1}^{\infty} d_n=\infty$, 
in addition, $\gamma=3>1$, so the conditions of Lemma 
2.5 are satisfied. However, if we substitute 
$w_n=n^3$ into the equation, we obtain 
$$\Delta w_n-d_n w_{n+1}^{\gamma} = (n+1)^3-n^3-
\frac{(n+1)^3-n^3}{(n+1)^3} (n+1)^3 =  (n+1)^3-n^3 - 
((n+1)^3-n^3)=0,$$ 
thus the equation has a positive solution which illustrates 
that Lemma 2.5 is incorrect.  
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